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ETERW,

Z DRIREIFARIR solid module W5 p-adic BRI % 5 F X % condensed abelian group
TIEMISERETE 2,

B F DT RITIX, Bhatt-Scholze 12 & % pro-étale topology DL [BS13] 23 %,
WL 72 étale site 1d torsion coefficients 12X L Tld & < BRAET 223,  /l-adic coefficients Z # D F F
sheaf & LTS I A+ TH 3, HlZIX.

HY(Xs,Qy) = (@Hi(XéuZ/f"ZO ®z, Q¢

D L5112, BRFRED cohomology DTFZMFR % L T Q, RE(D cohomology ZEFKT 5, [AIRIZ,
constructible f-adic complexes DERENZDOWT S, HEHAITIX
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X ZAX =Lt T 5, X D pro-étale site Xproer (& REDITIIRD X 5 BXAREZFFD site
THb,

o WEIZ X ED weakly étale 72 A F — 2L, Z T, weakly étale ¥ iX, #Es f: Y - X
EZDOMAH A Y 5T xx Y Diflat THZZZEWVI,
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sheaf C' of Q;-modules 23 constructible TH 5 &3, X DHR stratification X =[], X; D37
EL T, & stratum X; BT Clx, # lisse £R2ZZ2WVI, EHIZ K € D(Xproer, Qp) B3
constructible T® % ¥ . K 2% bounded TH D, FTXTD cohomology sheaves 23 constructible
THBHILZEWVI,
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EE 2.1 (Scholze, Definition 1.2)

RO pro-étale site xpoe, EIEKD site TH S :

o XT5R1Z profinite set S.
o $7EIE. BIRIEDOS 2572 5 jointly surjective 715 {S; — S} ;.
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condensed set EIlE. #p06 LD Set HEDZ & TH S, condensed set DK TEZLLTT
R
Cond(Set) := Shget (*proct)

[AFRIC. condensed group. condensed ring 72 & H . *proet LORIRT 2 REHIMEEHEOfE 2 LT
EFRIND,

SWHEZ % 2| condensed set XK EF
T : {profinite sets}°® —s Set
THoTTO) =x* ZifilzL. THICRD MM THDTH 5,
(1) fEE D profinite sets Sy, Sy X LT, HARER
T(S; 11 S3) — T(S1) x T(Ss)

PEHHTH 2,
QEEDOEH p: S — SITH L., ZDDHE p1,p2: S x5S = 5 ZHWT, BRALRER

T(S) —{zeT(S)| pjz=pizeT(S xsS")}
MEBEGTH 5,

INBHIE. ZD site £ D sheaf condition ¥ [FMETH 5,

A= 2.3
Shget(Fin) ~ Shget(x) ~ Set TH D, AMRESTZ T 2o TH BN R RDHERL 2R
3. AEWRAHERIZE SRV, L L, profinite sets T# X % &, pro-étale cohomology



DFETHRZ X512, FEDNMHMLIER D sheaf LNV THREFTE 2 X515,

A= 24
profinite sets 2K D [ 3 18 ProFin I3 large category TH %, FEFE. {0, 1} IX compact HausdorfF
space THH ., EEDEE £ ITHLT

2~ = JJ{o,1}
i€k
1 Tychonoff DEHIT LD compact Hausdorff TH 5, « 2B &, TS5 L7z profinite set &
proper class 2723, L723o T, fMDHIRS 7 < Cond(C) = She(#prof) £ & &y T
small T\ site £ sheaf DT large category 1272503, & BRFED cardinal % [FHE L.
small site @ sheaves D & L THAUX Z4 D Grothendieck topos & 725,
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Z DORE % BT % 728, uncountable strong limit cardinal k Z[EE L. BE < x D profinite set 72

FEEZ 5,

~

EE 2.5
cardinal k 7% strong limit cardinal T®» % & 1X, {EE®D cardinal u < x IZXf LT

M < K

MDD Z e E WD, AFTIE. Scholze €WV, « IXIERIHE L strong limit cardinal TH %
EIRET %,
ZD &S RIREE. BIRIE Beth &4

Jy = N, Ty = 27, J, =sup3 o : limit ordinal
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ZRWT, @S 2MRIEFY o i2i$ 25 3, e LTELN S,

E& 2.6

k % uncountable strong limit cardinal £ 3 %, *, proet 2+ REE < Kk D profinite set 7 572 %
site £ 3%, EIZERMED jointly surjective RETDETH 5,
k-condensed set Y&, *, proct 1D Set fHED Z & TH %, k-condensed sets DT E 2%
MIRT#£T :

Cond, (Set) := Shget (*x-prost )-

F 7z, 2023 T, [CS-AS| IZBWTEA XN light condensed set £ W5 b D HFFE L b3 :

EE 2.7
profinite set S 2% light T® % & i&. ROFEMERFAZHIZT L2V :

(1) Homrop (S, Z) BRIHEETH %,
(2) S 1% metrizable T® %,




(3) S & second countable T %,
(4) S BARESOEGEMIRE LTHIT 2, bbb, ARES S, DIIBFELT

Sz@Sn

neN

LEIT 3,

light profinite sets 2° 572 2 &% ProFinjgn: & & <o

E& 2.8

ProFinjgn 12 BIRMED jointly surjective 725 DEZ #7 & L T Grothendieck topology % A
Nd, ZOsite Z MO light pro-étale site &MU, T T T *ight-prost F 72 (FHIT ProFinyight
rE<

& 2.9
light condensed set £ 3. *jight-proct D Set fH sheaf DZ & 25,
light condensed sets D&%

Cond(Set)light := Shget (*light-proét)

&<

AR 2.10
Klight-proét & small site 72 DT, Cond(Set)! 8" |X Grothendieck topos T %,

PIAHZERM T 1T LT
I(S) = HomTop(Sv T) (S € *n—proét)

EED D, ZAUI profinite set 25 T NOEHGEROEEZ NS ZEL2HFTH 2, ZDRLER
Scholze @/ — MZBF 2 T LR UNREERTH, A/ — b TIINAHZEM T T 2 MBS ZX
A3 2 72D FERZAHT %,

fnRE 2.11
EREDOAAEZEM T W2 LT, T & Cond, (Set) DXRTH 5,
Z N # N HZER D condensification ¥ W9,

BEBA p: S = S & #pross KBTI WEE T2, 6128 =][;S; £EL & MHERITRZERMAZ
Hom(S,T) — HHom(Si,T) = HHom(S’i xgS;,T)
i i
23 equalizer THBZ L THb, Tk

Hom(S,T) — Hom(S’,T) = Hom(S" xg S',T)

M equalizer THBZ ¥ L[EHETD %,



FI. b ho: S > T B hiop=nhoop Zii7z3TR5. p XERHBDT hy =hy THb, Lo T
EOEBHRIIHEFTD 5,
RIZ g: 8" — T » descent datum Zi/z3 & 5%, 205

gopr=gopy  (p1,p2:5 xs8 =5

THb, EFED s SIHLTp(s)=s &b s s ZiENL

CEDD, DL s, sh BEDBIT s DWRIZH D785, (s),85) €5 x5 8 THD. descent datum £ D

9(s1) = g(s5)

ThHb, LIEDR->T f: 85— T1E well-defined TH %, F/ERDNPS fop=g TH5,

ZZT S, S I compact Hausdorff space THH, p: S — S 1F#FEHTH S, compact space 2
5 Hausdorff space NDEHHEEH X quotient map THE0 5, fop=g DHEHLTH S Z s fI3HE
WMTHb, £oT gld—ER feHom(S,T) »HHK5, 4T equalizer KRS N7, O
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fitHZE[R] X 7% compactly generated TH 23 & ld. BEff f: X — Y IZ2OWVWT, D
compact Hausdorff space S CAERDEFER g: S — X I LT fog MEHROIF, fI13H#E
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FEOAMHEZER X 2L, FUEEIC compact Hausdorff space 2> 5 DERTHE XN S final
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7L, WaE
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X512, FEREEMIRIEE « ZEIE T 5, HMMHZER X 2 k-compactly generated TH % & 1.
BE < k @ compact Hausdorff spaces S 725 DB A4

HS—>X

S—X

WS 2RMMHE X 2RO Z2 WS, 2ok EXfLT 24k E
X — X c8

L&FEH<,
compact Hausdorff spaces DX D IZ profinite sets ZFHWT DRI CERICR 5, EE, [FED
compact Hausdorff space S 1. BEEES & L THZ S @ Stone Cech compactification
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PHDRFERD, S| <k BB, BS° DRIX S LD ultrafilter 72D T
185° < 227 < &

b, BERMELRENS,
r ~
fi& 2.13 (Scholze, Proposition 1.7)

fiAEZERE . AIAERE, (AEER7R ¥ DED & k-condensed sets/groups/rings 72 & D EA DR F

X— X

X faithful TH 3, X I, B &R BNMMHZEMD k-compactly generated TH 5 XfRD full
subcategory IZHllfR 3 2% & fully faithful T 5,
F 72, (UfHZER2> 5 k-condensed sets N\ D BEF

X— X

WEEREfEZ R Do k-condensed set T 12X L. ZDLEFEEIZES T(x) ITROBEMAMHZ AN 7AL
FHZER T (%) top ZXESHE B,

[IS5—Tx), (5t %S € xuproe t €T(S).
(S:t)

Z ZT% S & profinite topology %50,
L Y

FEER (MHZER O E 2 R BIE T TH 5, EE MHEEE. HRZEOHEIE. MHZEEICEES
B2 A7z diagram category & RAUZ (—) 2% finite products Z D T & 5> HNAHZEH D55 DAL D>
LEBIHED,

%3 faithful EZ2/RT, HHER f,g: X -V B

f=g9: XY

ZHETLE TS, Ihe—RES « TRHEi§ 5 &

NS}

f=g: X(x)=X —=Y(x)=Y

TdHbd, Lo T X — X I faithful TH %,
RICEREFEZ RN T 5, T % k-condensed set &3 20 S € #pproct & t € T(S) WXL, B
Os5t:S — T(x) ERXRTEDD, M.os€S TEMEHR s:+— S LRRL,

0s.(s) :==T(s)(t) € T(x)

EBL, TTTT(s):T(S) —TH) & REBEFT 24 s+ - SWCHALTEOLNIEHBRTH 5,
BE T(x) 1T, IXRTDER

GS,t S — T(*), S e *j-proét » te T(S)a

RS 2 A2 ANTAMHZER 2 T (+)10p £ <o
EREOMAHZEM X 1T LT, BARLEHS

HomCondN(Set) (Tv X) = HomTop (T(*)topa X)



ZHN T 5,
3 o T X520 d5%, o 2 « TRHMlIiL TR oM 2 5B %2

he =@(x) : T(x) — X(x¥) =X
EFEL MEED S € % prose £ tET(S) WML, BAMIC X D XOKKIIATHTH 5,

S —>95’t T(x)

(
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0
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©(S)(t) € X(S) = Hom(S, X)

ThHd, LEDoTHNADER S —» X 1FEHTDH S, DED. TXRTD bg,: 5 — T(x) KIho7h
ﬂsﬁgjhythﬁﬁﬁfﬁéoT@mp@Zh%@g@mﬁﬁéﬁﬁﬁfi%éhfh%®f\
ho WEHEBTEAR hy : T(*)top — X BED D,

WO, BB b T(%)iop — X BEAONTET D, TDLEE S € %, pros 1IN LTER

®,(S): T(S) — X(S) = Hom(S, X)

@h(S)(t) :=ho 95,t

WWEDEDD, h & 05, ITHEHRDT, hobs,: S — X FHEHTH 3,
ZOMIEA SICBLTHRTH 2 Z e 2R T 5. M u: S — S & *proet DI E T B, t€T(5)
WX LT, T(u)(t) €T(S") THS, ZDOLE, Hs x5 ITBWVWT

Os 7y (s) = T(s)(T(w)(t) = T(uos')(t) = Os.4(u(s))
T%éo Lf:i)fo“C 05’,T(u)(t) = GS,t ou i))‘ﬁfi b EZ:OO Zhbiﬁ@ﬂ@ﬁ'@?ﬁéﬂéo

S —=— 8

QS’,T(u)(t)J/ st
T(x) T().
o T
P4, (S") (T (u)(t)) = hobs 1))
=hofgiou
= X (u)(®n(9)()).
L7235 T & ZEREL @, : T — X BED 5,
Y ED =D DK
@ hg, h — @,

WBHWIHTH S, LizDo> THARRESHES

Homeon, (set) (7, X) = Hommop (1'(*)top, X)



7b§15r%ﬂ50 @i@: T’—)T(*)top = X*—>X @E%{*T%éo
RIT counit ZED B, T=X B X(x) =X THD, teX(S) TH#ERKEHRt: S — X ZDd
DTH53, TOLEFH s:+— ST LT

0s.4(s) = X(s)(t)=tos

TH20H,
Gsvt:SHX(*):X

F. HLOERFHK S - X LT 5,

L7230 T X(%)iop & BEH X L. TRTOD k-small profinite set 7> H DEHEFHR S — X IZ
B3 2 AMHZ AN ZEBTH %,

—H. X% &, TNTD k-small compact Hausdorff space 2> 5 DEAGFBARICET T 2 BAHMEIC X -
TEREINS, L2 UEED k-small compact Hausdorff space K 1&. x-small profinite set 7> 5 DEHt
THEINDS, EBE. B(K% — K 2’® D, k » strong limit cardinal TH2 Z &2 5 B(K°) ZHUL
r-small TH 5, EEOEREGHE K — X 1ZOWT, XROMKXEE R %,

K% —» K

X.
compact Hausdorff spaces D] D251E quotient map TH 205, K — X OEkEIEX B(KY) - X @
HGETHETE S, & o T compact Hausdorff spaces Z W2 #&AMH Y. profinite sets D&% FHW

LA —ET B,
L7z23oT

A(

X (#)op = X5
THH, ZOF—HDDB & THFED counit X (x)iop — X 1FHARREH
Xee — X

=3 5,
BRIZ fully faithful 4 %/R3 . X 2% k-compactly generated 7% 51X X*°¢ = X TH5B, L7=do
THEEDOAAMZEM v i L,
I—IOInCond,.E (Set) (Ka X) = HomTop (K(*)topa Y)

= Hommop (X"™8,Y)

= Hommop(X,Y).
T X = X CEoTHFESINIBHROMTH %5, WZIT, k-compactly generated spaces {ZHillFR 3
5% X — X IZ fully faithful TH 5, O

r

fiR8 2.14 (Comparison lemma)

site C &, ZODJCiak7E B C C & X5, BlE C »oaE X5 Grothendieck topology
%]\h?‘: site 83_50 ;j_\’%,ﬂiﬁj‘%)o

()EED SecC i, B DXNRD S OHE B - S BFIET %,




QEEDH P - S (72ZL PecB) &, BONRDPOLRIWE Q - S ITHL, 5IFREL
P xgsQ — Pl% B DX & OWFET refine TE 3,
(3)C DWFEIZ B D T refine T 5,

CDEE, BIEC D basis L. ©EETF B C X 3HIREF
i* : Shget(C) — Shget (B)

ZERIETH %,

fi& 2.15 (Scholze, Proposition 2.3)
B < k @ compact Hausdorff spaces 2> 572 % site %, HIRMED jointly surjective 725 D%
WELE L TED S, ZD site LD Set fHEDEIZ. profinite sets NDHIFRIZ & D

ShSet (CHa'usn—small) = COIld,.i (Set) (: ShSet (*n—proét))

WS EREZF 5N 5,

"

gIEEE ZI—_\‘ Lf:b\O)bi\ @é\ i: *k-proét CHaUSN_Sman Iz J: b %}ﬂz—?%é ZVLZD ng;

i ShSet(CHausn-smaH) — ShSet(*n-proét)

DEFETHZZTH5,

F 3. *pproct D3 CHaus, sman @ basis 12725 T2 Z ¥ 2R T 5, FED S € CHaus, sman WX
L. S ICHEMNIMEZ AN 722 % S0 &L, HEEHR S0 — S I3EETH 505, S A compact
Hausdorff TH 5 Z 212 & D, StoneCech compactification D@D & HHEMR p - B(S°) — S A
Bohd, TOEMRE S » S RIERELTVWAD TR TH S, F7z £(S) I profinite set TH %,
BT |S| <k THD. kX strong limit cardinal 72D T

ol S|

1B(S)| <2% <k

THb, L7 o7T B(S°) I k-small profinite set TH %, Ko TEED S € CHaus, sman 1E 4 prost
DXRD & DHFE B(S°) — S B,

KIZ. HFED base change b *, prost DIRT refine TE S Z L ZMERT 50 P € *4prost & s
CHaus, sman WCBI 29 P — S 2EZ %, £72 Q — S & *4proct DNRPODOWEL T2, 2O
% P xgQ 1% compact Hausdorff TH D, 5D k-small TH3, L7z oT, LrFUEmMITED
profinite set R := B((P x5 Q)°) £ &4f R — P x5 Q BFET 5, TheMATHL L

R——>» Pxs@Q — Q@

| | |

Pp— S S

4B, Lo T, P LICHIERUIME PxsQ — Pl *uprost ONRRDPOOWE R — P
12 & 2T refine T b,

X 512, CHaus, sman WCBT DHWEE *. proct WCHIRT 2 & %4 pross LOBWEEFLDDEEZ 5,
FFE. P € 5 prost D CHaus, sman BT 2 HRWE {S; — Pyr_, NEZ NI T 5, &5 ITHL
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TS :=p(80) - 8 B#MB Y. B S; — S — P& #rproce DHTHD. {S; = Py 13 *oproce
2B 2 ERR jointly surjective cover TH 5, A TEITIX

H?:l §j — H?:l Sj
\ |

THb, Lo T, CHaus, smant DHIEIE %4 pross DI T refine T 5,
DLW E D %4 proet & CHaus, sman @ basis TH 5, ETHERLL=20%HIZX, m&E 2.14 DIK
ERT, Ldo T 214 2 56EBIC

i* : ShSct(CHauSn—small) — ShSct(*n—proét)

FEFETH %, O

( ™
FEZE 2.16 (Scholze, Definition 2.4)

compact Hausdorff space S 7% extremally disconnected T & % & X, £ E ® compact
Hausdorff space 7° 5 D25}
S — S

M section ZFFOZ & BV,

fiR8 2.17 (Scholze, Proposition 2.8)
Extry-sman & k-small 72 extremally disconnected compact Hausdorff spaces @ site ¥ 3 %, #%
BIXARMED jointly surjective BRI DBETED 5, TDL =

ShSet (EXtrm—small) = Condn (Set) (: ShSet (*n—proét ))

DD LD,

\. J

SERA cERE T

1 EXtrﬁ—small — *o-proét

1 & 2 HIEREE T

i* : ShSet(*n-proét) — ShSet (EXtrn—small)

DEFETH 2 2 & 2mei &,

F3. Extrusman D *nprost D basis IR TWB Z e ZMERT 6, EED S € #pross IXH L. S
WCHERIAE &2 ALz Z2M % S0 2 FH <, Stone-Cech compactification 12 & D #kt 24t 5(S%) — S 53§
HN5b, TIZT B(S?) IF extremally disconnected compact Hausdorff space TH %, F72 |S| <k TH
D. k& strong limit cardinal 72 DT

B(5%) <22 <&

ThHb, LIzDoTB(S?) € Extrygman TH D, EED k-small profinite set 1&, Extr.gman DXTHRH
LOWE TR D, T HIT. S € %4 prost DITE

S — Sa g S EXtr/{—smallu
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WX LTy pull back S xg S 1&F TN k-small compact Hausdorff space TH 3, L7=h3o TR
ﬂ((g XS 5)6) - g ng
WD Extrysman OXRPHOWEZINS, DFE D, BERATHNAZIELD D Extrysman DRARIC
& o T refine TE 3,
ZDIRPIEAE 2.15 DFEA L [ U comparison lemma DIRITH 5, L7izd-> T, ZDAEHH L Ak
2. BRI

i ShSet(*n—proét) — Shget (EXtrn—small)

& fully faithful 22D essentially surjective TH b, &Ko T,

ShSet (EXtrﬁ,—small) = ShSet(*ﬁ—proét) = CondH(Set)

BELN B, O

r ™
AE 2.18

i 2.15 £ W IRPE light ORI T DAL T 225, il 2.17 W0 IRPLUE light extremally
disconnected compact Hausdorff spaces Z FI\WTihR 2 Z 2 X TE WV, EFEE extremally
disconnected compact Hausdorff space TIFEREDIHFIZ eventually constant TH b, —7i.
fEFR compact metrizable space (ZIXIEHBHRINCRANBIFIET %50 L7223 5 T, metrizable 22D
extremally disconnected 72 compact Hausdorff space (FHRESTH 5, &£ o T light extremally
disconnected spaces &, Cantor set @ X 9 72 ERR light profinite set Z BT X3, light TDOH
LA D 3772 7200

AR 2.19

T2, light extremally disconnected spaces TC light profinite set Z B TERWVE WS D
X light D—2 DY 723, 72 Z1E. condensed anima & W57z oo-categorical 7% object %
EZ5E, ZHUIHMR oo-sheaf ¥ U TEFRDTEXF., hypersheaf & L TERT 2DENH 5,
full condensed T,

Shani (*gi]gét) =~ Shani (*proét)

EWVD ZEHNWDILODTREZ VWD, Z DAEFICIIAEMIZ extremally disconnected spaces
DUHEZHWTWERHTH S, il I [RZ26] REEZZHDI L,

E&E 2.20
k % cardinal £ 3%, k ZXIHT 3 initial ordinal ¥ [Rl—f3 %, x D cofinality ¥i%. x D
cofinal subset DIREDR/IMETH D |
cf(k) := inf{[ ’ HEEH a:I— k BFELT supa; = fi}
iel
WKEDERSND,
FMEIC, cf(k) 1&

K = SUp Kq, Ko < K
a<

R BRI (ha)acr DIFET 5 X 5 7% cardinal A\ DE/IMETH %,

12



AR 2.21

Scholze, Remark 2.7 &, extremally disconnected compact Hausdorff space %% condensed math-
ematics 7217 T £, forcing E EAMDET AR ICDELBHENS Z 2 2iEML T
W3,

3. S % extremally disconnected compact Hausdorff space £ §%, TDE X, S D clopen
subsets 2K Clop(S) & complete Boolean algebra %723, #IZ, complete Boolean algebra M
Stone Z2[iZ extremally disconnected compact Hausdorff space TH 5, L7=h35 T, extremally
disconnected compact Hausdorff spaces (&, forcing THW 5415 complete Boolean algebras @
MAMHZERNRRE 5 Z e TE 5,

S @ clopen subsets 7572 2 EIZ, XD Grothendieck topology % A#1%, U € Clop(S) (ZXf
L. clopen subsets D {U; C Ulic; 2 U DB TH 2 1E. Uy, Us CU 25U DFT dense
THHIeEWVI, ZD site LD sheaf DE% Sh(9) tEHEL, TRDE

Sh”(S) := Shget (Clop(S), Jdense)

TH %,
DRI, U C S #° clopen subset THAUT, R UHKICED ShNU) ZERTE S, A&
V cU LTI, BETADHIBRIZE D pullback functor

Jv.u o S (U) — Sh™N (V)

DD 5,
WEm se S ZEET 3, s & clopen neighborhoods U € S &> L. pullback functors
1270 o T 2-category of categories {2313 % filtered colimit

s := 2-colim Sh”
Mso = godg S 0)

ZH{%, Scholze, Remark 2.7 IZ X3UX. ZDE Mg, I ETCSR. T72D5 elementary theory
of the category of sets with replacement D€ 7 /WLIZH %, ETCSR 1. #H D membership-based
REAMEPESOE Y WO HIED 0N T % category-theoretic MERIWTH D, ZFC ¥ KH
I RISE DI ENZ R7z 3,

ZOWAY ONEIE. FOEENRRIZ X DB EEERVWOT, [BLH24] X [BB26] % [Shuls8] 2%
Moz,

fid 2.22 (Scholze, Proposition 2.9)
L7 Kan i5RH 518 50 2 BT

Cond, (Set) — Cond,/(Set)

X fully faithful TH 2, XHIZ, TOEFIZTNTD colimit &, A = cf (k) WNFT S Asmall
limit & A[#ATH 2%,

\

SEBH  Extr, % k-small extremally disconnected sets D, Extr,, % r’-small extremally disconnected
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sets DEIY 35, AEBFE

i : Extr, — Extry

&<

Scholze @ [Sch26b, Proposition 2.14] IZ & D Cond,(Set) & T : Extr{® — Set TH - T, HIRER
ZHREMICEZ2BEFOBE e R—HEh s, A, Condy (Set) 1X T : Extr!y — Set THoT. A
REMZHREFICEXSEFOEEFA—HENd, ZDL ZHIREFI

i* : Fun(Extr?, Set) — Fun(Extry?, Set), F+— Foi%®

K’

THH., Kan L5k & OEFHER 72 BEME
Laniola " Raniop

NH3,
ZOFE—HDB LT, MmEDETF

Cond, (Set) — Cond,/(Set)

& T —> T, := Lanyr T THZ 503, b5, S € Extry ITHLT

T (S) = (Lano» T') (S) = colim T
(100 4)
THb,
Z D comma BEDNMNREITLOME Extr, THEEXET L. £ s-small extremally disconnected set S

YIS — S OMTH B, LIz

(Lan;er T')(S) = colim T(S)
(S—9)

THb, ZIT colimit IZ. r-small extremally disconnected set S L5 S — S 2KIZHIz > TH S,
%3 fully faithful % 7R3 s Lanjos i* @ unit

T — i* Lanjor T’

DRBITH 2 Z e 2R T X0,
So € Extr, &35, DO E

(i* Langer T') (So) = (Langor T) (Sp) = (%co)l_igl) T(9S).

72721 S & k-small extremally disconnected set ZEj< ., ZDIHRFEIZBWT S d, So 1T RTH
%, EBE TEOXSH Sy — S ML T, ZhBESGZHWT R4

(So = 5) — (So 1, Sp)
PiEoNE, LizhoT

lim T(S) = T(So).
oliny (8) = T(S)

XoTT S i*Lanee T TH Y, wnit XA TH S, Lizd-T

Lan;er : Cond, (Set) — Cond, (Set)
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X fully faithful TH %,

F 72 Lansor SEMETH 205, TRTD colimit & AJ#LTH 5,

DI, A = cf(r) T2 Asmall limit ¥ ARTHZ I ZRTILTH5, S € Extr ZEE
Ly Iz = (i | §) B, ThDB, I; DRI S — S, § € Extr, TH,

(Lange» T)(S) = %OGIII? T(5)

t&HIT 5,

X 5T, Langr 7% A-small limit £ AHTH 5 Z L 2RFTIE, & §IZDOWT Iy 23 Miltered TH
5 Z B RV, EFEL N = cf(k) 1 regular cardinal TH D, Set IZBW\T Mfiltered colimit 1
A-small limit & A[#ES %,

Z ZTC. Msmall 22X j — (§ —S;) & Iz Cl5, & ZT# S; ¥ k-small extremally disconnected
set TH2, ZTORAD Extr, BT 2MEE L= lim_5; B,

%73 L & k-small compact Hausdorff space TH %, FEFE, IRFENX A-small TH D, A= cf(k) KD
T, pe=sup; || <k THD, LIzH->T

Ll < ISl < it < 22X < .
J
BREDAEZIZ, 1A <k &, kD strong limit cardinal TH 3 Z 212X %,

L 1 3—f%2i% extremally disconnected ¥ 1ZBR &7 WD T, k-small extremally disconnected set S ¥
2t S - L 2B %, HlZIX S :=3(L% £ FHUXLW. w 2 strong limit cardinal TH B Z &b, Z
D S 1F k-small IZEL 5,

RROERRITIIS S — S BEZHNTVHDT, HEhkic & b4t

§— L=1lms§;
J
MESND, XHIT S IF extremally disconnected TH D, S — L IZRERDT, OIS A
%, bbb, ROABRK LML T4 S — 5 BHFET S -
S
e l
S - L

FZJEOVWTER S —L— S, 2EZ252, ROKAIF]TH 3 :

d
-
-
-
-
.
-

-

g e Sj.
L7zhioTy W5 S — S iE. B 2D Asmall IRD cocone 5%, T3 & Miltered TH 5%,
F 7. EED Asmall diagram (T,)qea WX LT, & S € Extr,, T

(e (3 20)S) = el (B 7205

2 lim colim T, (S)
acA SGIE/

= (hm Laniop Ta) (g)
acA
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FROFRIE, Tz A Miltered TH D Set 1IZHBWT Mfiltered colimit A7 A-small limit & A3 % &
iz &k %,
HEED
Lan;or : Cond, (Set) — Cond, (Set)

I fully faithful THH., FTXTD colimit & A = cf (k) XTS5 A-small limit & A[H#ATH 5, O

[ ~
EE 2.23 (Scholze, Definition 2.11)

condensed set D&%

Cond(Set) := colim,; Cond,,(Set)

LEDD, T IZT colimit 1, IERIHERMIRIEE /KD filtered poset 127> THL %,

AR 2.24
Z D colimit (FK =72 filtered colimit TH D, —fITIX/DE W site D sheaf B TIEWV, L7z
235 T, Cond(Set) (F@H DEEKTIE Grothendieck topos & 1X72 5720,

" J
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